Abstract.
Let X be a connected differentiable manifold with a base point x0. Denote by H(X) its deRham cohomology over the real (or complex) number field K. The purpose of this note is to provide a simple direct proof of the next assertion, which seems to have escaped notice.
Theorem.
If the fundamental group iri(X) is abelian, then the canonical homomorphism 6 given by the composition W(X) Ak E\X) -+ H\X) A H\X) C H\X) is injective, where Hi(X)/\K Hl(X) is the exterior product over K and Hl(X) A Hl{X) is the cup product.2 An immediate consequence is the following sufficient condition for it\(X) to be nonabelian.
Corollary.
Let br = dimKHr(X). If \bi(bx -\)>b2, then iri(X) is nonabelian.
Remark. Manifolds having an abelian fundamental group have attracted very early attention. K. Reidemeister's work [3] implies that, if a compact 3-manifold X has an abelian fundamental group, then &i^3, which was also proved by P. A. Smith [4] . Now the same in-equality also follows from the above corollary by noting that b2 = bi.
Proof of Theorem. Let X be the universal covering space of X with a base point x0. If w is a closed 1-form on X, the path integral fXow lifts to a function/" on X with/"(x0) =0. Let 
